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In heavy-ion collisions in the energy regime probed at the CERN SPS, experimental hints for

the deconfinement phase transition have been seen in numerous inclusive hadronic observables.

In order to further characterize this transition, and in the pursuit of indications for the expected

critical point of strongly interacting matter, the NA49 collaboration has conducted analyses of

the event-by-event fluctuations of various hadronic observables. A selection of these results will

be presented and discussed in the light of theoretical predictions. Among these are new results

on hadron ratio fluctuations, in particular K/p fluctuations and their potential connection to the

correlation between strangeness and baryon number, thus revealing the basic degrees of freedom

produced in heavy-ion collisions.
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1. Introduction

Following the observation of a new state of matter [1] created in heavy ion collisions at the
top CERN SPS energy (

√
sNN = 17.3 GeV), inclusive hadronic observables gave evidence that the

onset of the deconfinement phase transition [2] is observed at low SPS energies [3, 4]. The energy
dependence of these observables changes dramatically around

√
sNN = 8 GeV, most prominently

the non-monotonic behavior of the average 〈K+〉/〈π+〉 ratio [3], and the step observed in the slope
parameter of hadron transverse momentum spectra [5]. In contrast, the evolution of these observ-
ables from top SPS on to RHIC energies shows no discontinuous behaviors. Figure 1 presents a
sketch of the phase diagram of strongly interacting matter, indicating the features predicted from
lattice QCD and QCD model calculations. Deconfined matter, the QGP, is separated from the
hadron phase by a first order transition boundary at large baryo-chemical potential µB, ending in
a critical point E and then turning into a cross-over transition at low values of µB. Lattice QCD
calculations predict a critical temperature between 160 and 170 MeV at µB = 0. A recent extension
to the finite µB domain allowed to estimate the position of the critical point E [9]. The locations of
the hadron freeze-out points of the high density fireball produced in nucleus-nucleus collisions are
obtained from fits of a statistical model to hadron abundances (cf. e.g. [6, 7, 8]).

Here, various implementations of this model agree in the resulting chemical freeze-out con-
ditions, and see the extracted temperature approach the cross-over temperature with rising energy.
In addition, the freeze-out points for central Pb+Pb collisions in the CERN SPS energy range lie
close to the critical point predicted in [9].

The study of event-by-event fluctuations promises to convey more information about both
prominent features of the phase diagram, the onset of deconfinement and the critical point. The
original assumption [10] was that in heavy-ion collisions that freeze out close to the phase transi-
tion, small initial density fluctuations may lead to two distinct event classes and thus be reflected
in larger event-by-event fluctuations. In addition, fluctuations are expected to reveal information
about the nature of the phase transition and in particular about the critical point [11, 12], as diverg-
ing susceptibilities near the critical point are directly connected to fluctuations.

As indicated above, the energy range covered by NA49 in the SPS energy scan (6.3≤ √
sNN ≤

17.3 GeV) makes it possible to study an interesting range of freeze-out parameters. While quanti-
tative predictions for the effect expected at the phase transition or the critical point are scarce, the
systematic energy scan allows to search for effects that appear and/or disappear in the excitation
function. NA49’s large acceptance for hadrons, as well as its independent determination of event
centrality make it ideally suited for this systematic study. More experimental details can be found
in [13].

The emphasis of this contribution is on NA49 results on the energy dependence of hadron ratio
fluctuations and their interpretation as a potential signature for the onset of deconfinement and the
critical point. After discussion of the K/π , p/π , and K/p fluctuations, the energy and system
size dependence of multiplicity N and mean transverse momentum 〈pT〉 fluctuations are presented.
These results are compared to quantitative theoretical predictions for the effect of the critical point.

For future fluctuation studies, higher moments of event-by-event distributions will be of strong
interest. For this reason, this article closes with an outlook on baseline model calculations which
will be of interest when measuring net baryon or net proton kurtosis.

2



P
o
S
(
C
P
O
D
 
2
0
0
9
)
0
2
9

Fluctuations and the Search for the Critical Point within the NA49 Experiment Tim Schuster

 (MeV)
B

µ
500 1000

T
 (

M
eV

)

0

100

200

hadrons

quark gluon plasma

E

M

color
super-

conductor

Figure 1: Sketch of the phase diagram of strongly interacting matter in the plane temperature (T ) vs. bary-
onic chemical potential (µB). Symbols denote the chemical freeze-out parameters of heavy-ion collisions at
different energies as extracted by statistical model fits [8]. The line indicates the conjectured phase transition,
changing from first order (full line) to a cross-over (dashed line) at the critical endpoint E [9].

2. Hadron Ratio Fluctuations

Event-by-event hadron ratios characterize the chemical composition of the fireball in each
event. Especially fluctuations of net baryon number or strangeness are sensitive to the properties
of the early stage. Compared to the fluctuations of other conserved quantities (e.g. charge [17]),
they are less strongly affected by hadronic re-interaction in later stages of the collision, so the
signature of the phase transition is less prone to be washed out. From the change in inclusive
particle (e.g. relative strangeness) production properties observed at the phase transition, we expect
distinct fluctuation patterns when the chemical freeze-out approaches the phase transition. Besides
this idea, several models suggest the study of hadron ratio fluctuations to gain further insight into
the nature of the deconfinement phase transition [14, 15, 16].

These model considerations are supported by lattice QCD calculations showing a change in
quark number susceptibilities [18, 19] at the phase transition. Susceptibilities have a direct con-
nection to number fluctuations: χ ∝ 〈N2〉. A step at the transition temperature is observed in light
and strange quark number susceptibilities. While the transition is smooth at µB = 0, the light quark
number susceptibility diverges when approaching the critical point at higher µB. The changing sus-
ceptibilities could be observed in hadron number fluctuations, but ratios are more robust because
they are an intensive quantity, and thus less affected by other effects like e.g. volume fluctuations.

No quantitative predictions for the phase transition and critical point effects on hadron ratio
fluctuations exist yet, but qualitatively they must be visible when measuring hadron ratio fluctua-
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Figure 2: The baryon-strangeness correlation coefficient CBS [20]. Left: The expected CBS for a quark gluon
plasma, a grand canonical hadron-resonance gas (taken from [20]) compared to calculations performed in
the transport model UrQMD (see also [23]). Right: CBS from a lattice QCD calculation at µB = 0 [21].

tions as a function of energy—is an effect coming and going?
An especially promising observable are the fluctuations of the K/p ratio. They have been

suggested as “A Diagnostic of Strongly Interacting Matter" [20] and are hoped to yield a key to the
degrees of freedom in the system observed in heavy-ion collisions.

The baryon (B) - strangeness (S) correlation coefficient, defined as

CBS =−3
〈BS〉−〈B〉〈S〉
〈S2〉−〈S〉2 , (2.1)

quantifies the correlation strength between baryon number and strangeness. This changes at the
phase transition: In a quark gluon plasma, CBS would be unity, as strangeness is carried by strange
quarks (S = −1, B = 1/3) and thus baryon number and strangeness are directly correlated. In
a hadron gas, strangeness is carried by kaons (S = −1, B = 0, → CBS = 0) and Λs (S=-1, B=1,
→CBS = 3). A hadron gas thus shows a baryon-strangeness correlation changing with µB. Figure 2
(left) shows this difference. The predicted hadron gas behavior was reproduced in the hadronic
transport model UrQMD. For this comparison, CBS was extracted from UrQMD events at different
collision energies to probe the µB dependence.

As mentioned above, these observables can be directly connected to quantities measured in
lattice QCD. An expression for CBS in terms of susceptibilities reads [21]:

CBS =−3
χBS

11

χS
2

. (2.2)

Lattice QCD calculations at µB= 0 confirm the phase transition effect [21]. Figure 2 (right) shows
the temperature dependence of CBS in lattice calculations at different lattice spacings nτ . Recently,
also the µB dependence has been determined by very new, preliminary lattice calculations shown
at this workshop [22].

The definition of CBS makes it necessary to measure all strange hadrons as well as all baryons
event-by-event. Especially for multi-strange hyperons and neutrons this is not possible. Fluctua-
tions in the K/p ratio are thus an attempt to find a measurable proxy for the baryon-strangeness
correlation. A direct, quantitative connection is, however still under discussion.
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Figure 3: Energy dependence of σdyn for the K/π ratio. Data from NA49 [24] and STAR [25] is compared
to transport model calculations from UrQMD and HSD.

In the following, the measurement of hadron ratio fluctuations will be expressed in terms of
dynamical fluctuations [24]. The term dynamical fluctuations refers to those fluctuations remaining
after removing fluctuations from finite number statistics as well as effects from detector resolution
and particle identification. In NA49, protons, kaons and pions are identified via their energy loss in
the TPC gas, and a likelihood method is used to extract the eventwise hadron ratios. A mixed event
reference is subjected to the same method, so that its ratio distribution represents the finite number
statistics and detector effects. The dynamical fluctuations are defined as the quadratic difference

σdyn = sign
(

σ 2
data−σ 2

mix

)

√

∣

∣σ 2
data −σ 2

mix

∣

∣, (2.3)

where σdata is for instance the RMS width of the event-by-event K/π ratio normalized by the mean
〈K/π〉, and σmix is that for mixed events. If the sign of σdyn is positive, the data distribution is wider
than that for mixed events One possibility of obtaining a negative σdyn (where the data distribution
is narrower) is the presence of a strong correlation between the hadron species under study. Such a
correlation could be a resonance that decays into the two.

A thorough description of the experimental method and the results can be found in [24], where
NA49 has recently published its final results on the energy dependence of σdyn for the K/π and p/π
ratio. In the following, σdyn for K/π , p/π and K/p is presented and compared to results at higher
energies from STAR. Details on their analyses can be found in [25] (K/π), [26] (p/π) and in [27]
(K/p). All data are compared to new string-hadronic transport model calculations performed in
UrQMD [28, 29], in the newest version 2.3 [30]. Recent calculations of σdyn (K/π) in the hadronic
transport model HSD and in a statistical model [31] are also compared to the data.

Figure 3 shows the energy dependence of σdyn for the K/π ratio. The statistical errors that
are indicated are mainly determined by the event statistics available at each energy. The systematic
errors (indicated by shaded boxes) were deduced from systematic analysis variations [24].
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Overall, for the K/π ratio fluctuations, we observe positive values of σdyn. σdyn is constant
from top SPS to RHIC energies, but, towards lower energies, a strong rise is observed. This rise
is seen at the same energy where the indications for the onset of deconfinement are found in the
inclusive measurements. As no data on ratio fluctuations is available below

√
sNN = 6.3 GeV, it is

impossible to say whether a peak or a divergence is observed. Future programs at FAIR or NICA
will answer this question.

In order to see if the observed signature is of pure hadronic origin, the data is compared
to transport model calculations. For this comparison, UrQMD events have been analyzed after
being subjected to acceptance filters in order to reproduce the experimental conditions. The NA49
acceptance has been applied at the SPS energies, and the full excitation function (6.3 ≤ √

sNN ≤
200 GeV) has been evaluated within the STAR acceptance. These calculations are indicated in
Fig. 3 as red and green lines, respectively. No effect from the differing acceptances is visible
within UrQMD in the overlapping energy range.

While the calculations agree with the data in the plateau region from top SPS to top RHIC
energy, the rise towards low energies is not reproduced in UrQMD. The HSD calculations [31] have
also been made in acceptances according to the experimental conditions. Their results however
show a different behavior: The overall trend differs from UrQMD, although a similar idea is behind
both models. HSD describes the rise at low SPS, but fails to describe the high SPS points. Top
RHIC energy results are again reproduced by the calculations. Due to this difference, no clear
conclusion can be drawn from the transport model comparison.

The authors of [31] also used HSD to check the acceptance effect between 4π acceptance and
the experimental conditions but observed no strong dependence. The 4π values were compared to
statistical model calculations, which again yielded a different result and an additional dependence
on the chosen statistical ensemble. Refer to [31] and [32] for a more detailed discussion of this
comparison.

STAR studied the centrality dependence of K/π fluctuations at
√

sNN = 62.4 and 200 GeV [25].
They use the variable νdyn which is in the studied case equivalent to σ 2

dyn and see a scaling with the
pseudo-rapidity density of produced particles at midrapidity ( dN

dη |η=0):

νdyn ≈ σ 2
dyn ∝ 1/

(

dN
dη

|η=0

)

(2.4)

The NA49 data (for central collisions) does not follow the same systematics. A different
scaling law for NA49 and STAR data, taking into account the change in acceptance between the
two experiments was suggested [33]. Indeed when using

σdyn ∝
1

√

〈K〉
, (2.5)

where 〈K〉 is the average number of kaons within the experimental acceptance, the whole excitation
function of σdyn (K/π) can be reproduced. The interpretation of this result is still debated. On
the one hand, a trivial dependence on particle number would suggest that there is no unexpected,
new physics behind the data. On the other hand the transport model comparison leaves an open
question: While σdyn (K/π) within HSD qualitatively shows an energy dependence like 1/N, such

6
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Figure 4: Energy dependence of σdyn of the p/π ratio. NA49 and STAR results are compared to UrQMD
calculations.

a behavior is not at all visible within UrQMD. So although a simple explanation of the observed
K/π fluctuations has been suggested [33], the situation still needs theoretical clarification.

At this workshop, NA49 results on the centrality dependence of σdyn (K/π) at
√

sNN = 17.3 GeV
have been presented for the first time [34]. No scaling for the energy and the centrality dependence
of σdyn (K/π) could be found there.

Looking at the available data on p/π fluctuations (Fig. 4) [24, 26, 34], we see a monotonic
increase with energy from low SPS to top RHIC energies. The negative values are explained by
a dominance of resonance decays (e.g. ∆ → p+π) over fluctuations, leading to a sign opposite to
that of the K/π case [24].

In the SPS energy range, UrQMD describes the data. When applying experimental acceptance
filters on the UrQMD events, σdyn does not change between NA49 and STAR acceptance. The
good description through the hadronic model supports the hypothesis that the signal comes from
resonance decay, thus hadronic effects. Going to RHIC energies, a discrepancy is observed: The
UrQMD results change sign and fail to describe the STAR data. It is under discussion whether
this discrepancy might be due to an inadequate description of the relevant resonances in UrQMD
at the high energies, or has other sources. Another evaluation of this feature has been made at this
workshop [35].

For the first time, NA49 data on K/p ratio fluctuations is presented in this contribution. Fig-
ure 5 shows these results together with new data from STAR [27]. The most prominent feature of
this measurement are the two sign changes as a function of energy. The negative plateau at the SPS
energies from

√
sNN = 7.6 to 17.3 GeV is also remarkable: no variation with energy is seen here,

and negative values for σdyn are observed. As this would usually be interpreted as a correlation due
to resonance decay, the question arises which resonance can play a role in this case.

Between SPS and RHIC, a jump in the excitation function is followed by a weak energy depen-

7
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Figure 5: Energy dependence of σdyn of the K/p ratio. Data from NA49 and STAR is compared to UrQMD
calculations.

dence for the two STAR points. The UrQMD calculations agree well with the data from
√

sNN = 7.6
to 200 GeV. The jump is also reproduced, and the absence of acceptance effects between STAR
and NA49 acceptance indicates that this jump is not an effect of the changing acceptance between
the two experiments.

A second jump to positive values is observed for the lowest SPS energy point. This first point
is not explained at all by the UrQMD calculations. The UrQMD values remain negative even
at
√

sNN = 5 GeV. Again, further experimental measurements at even lower energies would be
desirable to clarify the situation.

3. Fluctuations at the Critical Point

We are now looking for observables where the critical point (which is according to Fig. 1 in
the neighborhood of the SPS freeze-out points) manifests itself. At the critical point, the σ field
(the magnitude of the chiral condensate which is the order parameter of the phase transition) is
expected to fluctuate wildly [11]. As the σ field is not directly measurable, we are looking for
observables that convey its fluctuations to the final, detectable state: Pions couple strongly to the σ
field and we can thus expect the fluctuation pattern to be imprinted on them. In the NA49 analysis
the fluctuations in the number of charged particles is taken as a valid approximation for the number
of pions. As an observable which is directly anticorrelated to the multiplicity, the fluctuation of the
mean transverse momentum 〈pT〉 was also studied.

NA49 has published data on the energy and system size dependence of multiplicity [39] and
〈pT〉 [40] fluctuations. This data is compared to the effect of the critical point as discussed in [11,
36] and at this workshop [37].

When evaluating multiplicity fluctuations, it has to be kept in mind that N is an extensive
quantity. In order to avoid the measurements to be dominated by trivial effects, such as fluctuations

8
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Figure 6: Energy dependence of multiplicity fluctuations for charged particles. The NA49 results [39] are
well described by the hadronic transport model UrQMD.
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Figure 7: NA49 results on multiplicity fluctuations [39] compared to predictions for the critical point [40,
11, 36].

in the number of participating nucleons, a strict centrality selection is applied: only the 1% most
central collisions are considered as suggested in [38]. The measure for multiplicity fluctuations
used in NA49 is the scaled variance (variance of the multiplicity distribution normalized by its
mean):

ω =
Var(n)

〈n〉 =
〈n2〉−〈n〉2

〈n〉 (3.1)

Following this definition, ω = 1 for a Poisson distribution.

The energy dependence of ω for all charged particles in the rapidity range 1 < y(π) < ybeam [39]
is shown in Fig. 6. It shows a weak increase with increasing energy and values around unity. The
hadronic transport model UrQMD reproduces the observations, also for various other kinematic
ranges or charge separated multiplicity fluctuations. More detailed comparisons can be found
in [39].
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In Figure 7 (left), the same NA49 data is shown again, and in addition the values of ω for
particles of only one charge are presented in the right panel. The results for different energies are
plotted as a function of µB where the µB values were extracted from hadron gas model fits [8].
The data is compared to the estimated effect of the critical point. The lines in Fig. 7 correspond
to model predictions. While [11, 36] give predictions for the amplitude of the critical point effects
on multiplicity and 〈pT〉 fluctuations, two additional assumptions have to be made: The position of
the critical point in (T,µB), and the reach of the critical point effect. For the position, an optimistic
assumption is made in the following: The critical point is taken to lie directly on the freeze-out
curve from [8], while the position in µB (at µB = 360 MeV) is taken from lattice QCD calcula-
tions [9]. The width of the critical region is derived from the results of [41]. The amplitude of the
critical point effect is reduced by a further constraint: While in principle, the fluctuations diverge
at the critical point, this is limited by the correlation length ξ realized in the system. While in [11]
ξ = 6 fm was assumed, [42] expects a correlation length of ξ = 3 fm. For this reason both cases
were compared to the data.

The data however does not display an energy dependence that would fit to either prediction.
Taking into account the very small statistical errors on the data, both cases are excluded. Another
signature is also not present in the data: the amplitude of the critical point effect is expected to be
twice as large for all charged particles than for separate charges.

The mean pT fluctuations are quantified by the ΦpT measure [43], which represents the differ-
ence between the event average of a quantity (〈pT〉 in this case) and its ensemble average, and is
defined as

ΦpT =

√

〈Z2
pT
〉

〈N〉 −
√

(pT− pT), (3.2)

where

ZpT =
N

∑
i=1

(pTi− pT) . (3.3)

Uncorrelated particle production would be reflected in a value of Φ pT = 0. The observable is
constructed in a way to be independent of volume and multiplicity fluctuations.

The energy dependence [40] presented in Fig. 8 is flat and near zero for all charged as well
as for only positive or negative particles. This behavior is, like in the case for ω , reproduced by
UrQMD. An increase or peak in ΦpT , as expected in the vicinity of the critical point is not visible,
and no other deviation from the hadronic baseline expectations is seen.

Figure 9 shows the quantitative comparison to critical point predictions, as in the case of ω
plotted as a function of µB. Again, the data exclude the predicted effects. The absence of the effect
in the data makes two conclusions possible: Either the critical point is not close enough to manifest
itself in the data or the correlation length realized in heavy-ion collisions is very small.

As no significant µB dependence of multiplicity and 〈pT〉 fluctuations was found in central
Pb+Pb collisions, one is led to explore the nuclear size dependence in the search for fluctuation
signatures of the critical point. Hadron gas model fits [8] indicate that varying the collision system
size at

√
sNN = 17.3 GeV leads to a variation in the chemical freeze-out Temperature Tchem: for

central collisions of lighter nuclei (C+C, Si+Si, p+p) the model fit obtains higher Tchem than in
central Pb+Pb collisions (the extracted freeze-out temperature for Pb+Pb is 156 MeV, while in
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Figure 8: Energy dependence of 〈pT〉 fluctuations. The NA49 results [40] are well described by the hadronic
transport model UrQMD.

 [
M

eV
/c

]
T

p
Φ

0

5

10

15

 [MeV]       
B

µ

200 300 400 500

 [
M

eV
/c

]
T

p
Φ

0

5

10

15
all charged

 < 1.5 GeV/c
T

p

fluct. at CEP:

=3 fmξall charged; 

=6 fmξall charged; 

 [MeV]       
B

µ

200 300 400 500

 [
M

eV
/c

]
T

p
Φ

0

5

10

15

negatively charged

positively charged

 < 1.5 GeV/c
T

p

fluct. at CEP:

=3 fmξneg. charged; 

=6 fmξneg. charged; 

Figure 9: NA49 results on 〈pT〉 fluctuations [40] compared to expectations for fluctuations at the critical
point [11, 36].

p+p, Tchem = 180 MeV). At the same time, almost no variation in µB is observed with changing
system size. A similar pattern is seen in results of blast-wave fits to particle spectra: They yield
higher kinetic freeze-out temperatures [44] when going to smaller systems.

These observations suggest that it might be possible to perform a 2-dimensional scan of the
phase diagram of strongly interacting matter by varying

√
sNN (variation of µB) and the colliding

system size A (variation of T ) in heavy-ion collisions and look for a maximum of fluctuations as a
signature for the critical point. NA49 has measured multiplicity [46, 47] and 〈pT〉 [48] fluctuations
in p+p, C+C, Si+Si and Pb+Pb collisions at

√
sNN = 17.3 GeV. We compare the results to another

optimistic critical point scenario: In this case the position of the critical point was chosen to lie
at the same µB as the 17.3 GeV freeze-out points. As the freeze-out temperatures in the smaller
systems are higher the assumed T of the critical point was shifted to the highest temperature freeze-
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Figure 10: System size dependence of ΦpT at
√

sNN = 17.3 GeV for p+p collisions compared to central
C+C, Si+Si and Pb+Pb collisions [48]. Lines indicate expectations for the critical point [40, 45].

out point, i.e. that extracted from p+p collisions: (T,µB) = (180MeV,250MeV).
When approaching the critical point in temperature, we now expect a rise in fluctuations. On

the other hand, smaller systems must be used in order to move up in temperature. The system size
begins to limit the correlation length, as the correlation length cannot exceed the system size! This
results in an expectation of a maximum of fluctuations at intermediate system size. Details of this
comparison method can be found in [45].

We indeed see a rise in fluctuations when going to collisions of lighter ions. Figure 10 shows
the Tchem (system size) dependence of ΦpT , where the values for Pb+Pb, Si+Si, C+C and p+p
collisions are indicated at their respective chemical freeze-out temperature [8]. The higher Φ pT

results in Si+Si and C+C are compatible with the critical point scenario described above. The
prediction that the critical point effect would be twice as large in all charged particles than in only
positive or negative particles is also consistent with the data.

Figure 11 is the same representation for the results on ω in smaller systems. The same en-
hancement for intermediate system sizes is visible.

4. Outlook: Higher Moments

After the presentation of NA49 data, I will give as an outlook a critical assessment of a recently
suggested fluctuation observable: The kurtosis of event-by-event distributions. In general, higher
moments have been advertised as a sensitive probe for the phase transition [50]. All fluctuation
measures studied up to now are related to second moments. Just like for ω , a peak of fluctuations
as a consequence of the diverging σ field is also expected for the net proton skewness and kurtosis.
The advantage over second moment observables is that even in the case of a small correlation length
the signal would still be sizable in the suggested higher moment observables: The amplitude of the
critical point peak is proportional to higher powers of the correlation length, e.g. for fourth moments
〈N4〉 ∝ ξ 7, compared to 〈N2〉 ∝ ξ 2 for second moments. Having seen above that the critical point
effect may be not big enough to be visible in previously done fluctuation measurements, higher
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Figure 11: Multiplicity fluctuations (ω) at
√

sNN = 17.3 GeV in central p+p [46], C+C and Si+Si [47], and
Pb+Pb collisions [39] compared to expected fluctuations from the critical point [40, 45].

moments come up as a promising observable. The suggested critical point effect on the kurtosis of
the net proton number distribution has also been confirmed in a chiral model [51].

In addition to the critical point effect anticipated in the net proton kurtosis, lattice QCD sug-
gests the net baryon kurtosis as a signature of the phase transition [21]. At the transition tem-
perature, a step is observed. For the experimental determination of the event-by-event net baryon
distribution, neutrons are not accessible. Protons should be a valid substitute, but the expected
impact of a phase transition effect on the net proton kurtosis has not been quantified yet.

In a hadronic transport model like UrQMD, it is possible to access all baryons and thus eval-
uate the suggested observables. This will provide a baseline on top of which, in planned future
measurements, phase transition or critical point effects can be observed. A first important finding
here is that the evaluation of higher moments require larger statistics than second moments. These
are of the order of millions and thus still experimentally achievable.

For the UrQMD v2.3 [30] study events have been analysed [49] in the energy range 2 GeV <√
sNN < 200 GeV. The baryon, proton and charge distributions were evaluated at a fixed acceptance

around midrapidity, comparable to that of the STAR detector. Figure 12 shows the effective kurtosis
extracted from these net baryon, net proton and net charge distributions. The effective kurtosis of
the distribution of any variable N is defined as:

Keff = K(δN)〈δN2〉=
〈δN4〉
〈δN2〉 −3〈δN2〉, (4.1)

where K (δN) is the mathematical kurtosis. Keff can directly be related to the susceptibilities that
are obtained from lattice QCD [21]:

Keff =
χ4

χ2
. (4.2)

The UrQMD results show the net charge effective kurtosis fluctuating around zero. The effec-
tive kurtosis for net baryons has a strong trend towards large negative values when going to lower
energies. Only at

√
sNN > 50 GeV, it aproaches zero, and is thus consistent with the lattice QCD
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Figure 12: Effective kurtosis for the net-charge, net-proton and net-baryon number distributions at midrapid-
ity (|y|< 0.5) as calculated from UrQMD at various beam energies for central Pb+Pb/Au+Au reactions [49].

predictions which predict Keff = 1 for the hadron gas and a step to zero at the phase transition to
the quark gluon plasma. The available statistics do not allow to distinguish between one and zero.
For the net protons finally the trend to negative values at low energies is also visible, but much
less pronounced. At

√
sNN = 200 GeV, the calculations are compatible with the first STAR results

presented recently [52].

The importance of the realistic baseline calculation is underlined in the large deviation between
low temperature lattice calculations and the UrQMD results at low energies. The lattice QCD
expectation of Keff = 1 for any hadron gas is in strong contrast to the negative values obtained in
UrQMD. The latter can be explained by the strict quantum number conservation that is implied
in UrQMD, whereas lattice QCD calculations are performed within the grand-canonical ensemble,
where the expectation values for quantum numbers are controlled by chemical potentials.

While the particles within the chosen midrapidity acceptance are a valid representation of
a grand-canonical ensemble at

√
sNN = 200 GeV, at lower energies conservation effects become

important and cause the strong deviation from lattice expectations. This discovered background
effect is much larger than the expected phase transition signature for net baryons. In net protons,
this effect is much less pronounced and the expected critical point effect should not be shadowed
by the background effect.

5. Summary

The NA49 results on the energy dependence of hadron ratio fluctuations do not give rise to
a coherent interpretation: While the p/π fluctuations can be understood in terms of resonance
decay and are reproduced by hadronic models, there are contradicting interpretations of the K/π
fluctuations which remain to be settled. The new results on K/p fluctuations show a non-trivial
excitation function that is not easy to understand.
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A freeze-out in the vicinity of the critical point should be reflected in enhanced multiplicity or
〈pT〉 fluctuations. Two scenarios for critical point positions have been compared to NA49 results
on ω and ΦpT . While the results from the central Pb+Pb collision energy scan exclude a critical
point located on the freeze-out curve, the enhanced fluctuations in intermediate size systems seen
in NA49’s system size scan at

√
sNN = 17.3 GeV are consistent with the effect of a critical point

located closer to the freeze-out point for collisions of lighter nuclei. The estimated critical point
effect is however strongly dependent on several model parameters.

Finally it was shown that in future fluctuation measurements using higher moments realistic
baseline calculations are essential for the interpretation of the results.
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