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1. Introduction

Understanding the origin of the small, positive value of dark energy density measured at present
[1] is one of the most challenging open problems in fundamental physics. One could hope that
splitting the problem into two parts might help in seeking for its solution, but this is not quite the
case. Indeed, on the one side one should understand how to embed a positive cosmological constant,
or more generally a positive background energy density, into a consistent UV complete theory of
quantum gravity. On the other side, one should understand the precise details of the supersymmetry
breaking mechanism, which necessarily occurs when the background energy is positive, but it can
also occur more generally. Both of these problems are challenging in themselves.

Effective field theories are the typical framework in which to perform such investigations.
However, the presence of dynamical gravity in the setup might change the standard paradigm
according to which these theories are constructed, based on a genuinely wilsonian approach. That
this is indeed the case is the central idea underlying the swampland program [2, 3], which collects a
number of conjectures that are supposed to encode essential features of quantum gravity. Following a
purely bottom-up perspective, one should thus assume swampland conjectures as actual consistency
criteria (or perhaps even principles) of quantum gravity and check whether or not they are satisfied
in any given effective theory.

At present, it is fair to say that not all of the swampland conjectures share the same level of rigor
and accuracy. For example, the absence of global symmetries [4] or the weak gravity conjecture [5]
are widely believed to be established facts of quantum gravity, as they have been tested extensively
through the years; more recent conjectures, such that the one forbidding de Sitter vacua [6] and
its various refinements, are instead still under debate. Nevertheless, there is evidence that all of
the swampland conjectures should be connected to one another to form some sort of web. This
implies that, even if a precise statement on the fate of de Sitter vacua in quantum gravity might not
yet be known, some piece of information should be present in others, possibly more established,
conjectures.

This line of reasoning has been followed by [7, 8], where it is shown that, under certain
assumptions, de Sitter vacua in extended supergravity are in tension with the magnetic weak gravity
conjecture. The assumptions are the presence of an unbroken abelian gauge group (needed to apply
the weak gravity conjecture), and a vanishing gravitino mass on the vacuum.1 In those setups in
which the argument of [7, 8] applies, any known version of the de Sitter conjecture seems thus
to be redundant, since the fate of de Sitter critical points is already dictated by the weak gravity
conjecture. This material is reviewed in section 2.

Given that the interplay between the weak gravity conjecture and a vanishing gravitino mass
has an impact on the fate of de Sitter critical points, one could wonder whether some piece of
information about quantum gravity is actually encoded into the gravitino mass itself. Indeed, the
gravitino is the superpartner of the graviton and it is thus expected to be related to (quantum)
gravity. Furthermore, in a (quasi)-flat background, similar to the one we are living in at present, the
gravitino mass is a good estimation of the supersymmetry breaking scale. Whether or not quantum
gravity can say something non-trivial in its respect is thus of clear phenomenological interest.
This motivated [9, 10] to propose a new swampland conjecture, stating that the limit of vanishing

1As in [7, 8], here we always mean Lagrangian mass.
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gravitino mass corresponds to a breakdown of the effective description. This material is reviewed
in section 3.

Finally, in section 4 we comment on possible extensions of these works and ideas. We work in
Planck units.

2. Weak gravity versus de Sitter

In this section, we review the general argument of [7, 8] showing that de Sitter critical points
of extended supergravity with vanishing gravitino mass and with an unbroken abelian factor are
in tension with the weak gravity conjecture. As discussed at the end of the section, this excludes
almost all known examples in the literature (notably, [11] found an unstable de Sitter vacuum with
massive gravitini and thus the argument here reviewed does not apply).

2.1 A weak gravity constraint on de Sitter

Any effective field theory is characterised by at least two energy scales, namely an IR cutoff,
Λ𝐼𝑅, and a UV cutoff, Λ𝑈𝑉 . It natural to ask for the existence of an hierarchy between them,

Λ𝐼𝑅 ≪ Λ𝑈𝑉 , (1)

otherwise there would be almost no room for the theory to live in. The question is then what these
two scales are. In a de Sitter space, there is a natural notion of IR cutoff given by the Hubble scale

Λ𝐼𝑅 ∼ 𝐻, (2)

since a distance of order 1/𝐻 is the longest length that can be measured. The choice of Λ𝑈𝑉 is
instead more subtle. Assuming gravity to behave classically in the effective description, a natural
guess would be Λ𝑈𝑉 ∼ 𝑀𝑝. However, one of the main lessons of the swampland program is
that gravity is not genuinely wilsonian and thus the UV cutoff of a given effective theory can be
lowered from its naive expectation by (quantum) gravity effects. A realisation of this scenario is
the magnetic weak gravity conjecture [5], which states that in an effective theory with gravity and
with an abelian gauge coupling 𝑔, the UV cutoff is bounded by

Λ𝑈𝑉 ≲ 𝑔𝑀𝑝 . (3)

For an effective theory on a positive background and with an abelian gauge coupling, the condition
(1) translates thus into

𝐻 ≪ 𝑔𝑀𝑃 . (4)

Alternatively, as explained in [7], one can arrive at the same conclusion by remaining agnostic about
(1) and (2), but by asking that corrections to the two-derivative effective action are suppressed, thus
giving 𝐻 ≪ Λ𝑈𝑉 , and by invoking then the weak gravity conjecture.

If the weak gravity conjecture holds, the relation (4) is a consistency condition for any effective
theory on a positive energy background and with an abelian gauge coupling. Clearly, it can be
violated if the vacuum energy of the theory is such that

𝐻 ∼ 𝑔𝑀𝑝, (5)
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with no parameter which can be arbitrarily tuned entering the relation. The point is then whether
or not this situation is indeed realised in concrete examples. As shown in [7, 8], this is realised in
de Sitter critical points (regardless of stability) of extended supergravity with a vanishing gravitino
mass and with an unbroken abelian gauge group. In other words, [7, 8] showed that the Hubble scale
in those extended supergravity models is quantised in terms of the UV cutoff given by the magnetic
weak gravity conjecture. This implies that such models are not compatible with the condition (1),
or equivalently they are not protected against corrections, and thus cannot be consistent effective
theories.2 (They can still be consistent truncations.) This can also be seen as a manifestation of
the Dine-Seiberg problem [14], in the sense that the vacuum of the theory lies outside the region in
which corrections are under control.

Before reviewing the analysis of [7, 8] showing that de Sitter critical points in𝑁 = 2 supergravity
with vanishing gravitino mass are of the type (5), let us mention possible loopholes in the argument
above. First, it relies on the original formulation of the weak gravity conjecture in flat space. It
might happen that corrections proportional to the spacetime curvature modify (3) in such a way that
the argument cannot be applied anymore. However, if the curvature is large, in order that we can
safely assume gravity to be classical, it is reasonable to expect that corrections due to this effect are
suppressed and can be neglected in first approximation. This seems to be in line with the analysis
of [15] (see also [16]). Another reason of concern is related to the condition (1), which might not
hold in an effective theory coupled to gravity, or at least not parametrically. In other words, it might
be that gravity necessarily introduces an IR/UV mixing already at the level of the cutoff scales.
This idea has been recently made precise in [17] (see [18] for earlier work). It is a possibility we
cannot exclude and whose effects on the argument would be interesting to investigate. However,
as explained in [7], one can arrive at (4) even without starting from (1), but just by requiring
consistency of the two-derivatives effective action.

2.2 The argument in 𝑁 = 2 supergravity

In this section, we review the general argument of [8] showing that de Sitter critical points of
𝑁 = 2 supergravity with a vanishing gravitino mass (or parametrically lighter than the Hubble scale)
are of the type (5), and thus cannot be used as consistent effective theories, according to the weak
gravity conjecture. The argument is rather general and extends the analysis of [7]. Besides asking
for a vanishing gravitino mass, it requires the presence of an unbroken abelian gauge group in the
vacuum, in order for the weak gravity conjecture to apply, but it covers both stable and unstable
critical points. We follow the conventions of [19, 20].

The sigma-trace of the gravitino mass matrix in 𝑁 = 2 supergravity is

𝑆𝑥 ≡ 𝑆𝐴𝐵 (𝜎𝑥)𝐶 𝐴𝜖𝐵𝐶 = 𝑖P𝑥
Λ𝐿

Λ (6)

and it contributes to the scalar potential with a negative sign, −4𝑆𝑥𝑆𝑥 . It is the only negative definite
contribution to the vacuum energy and it vanishes if (sum over 𝑥 = 1, 2, 3 understood)

|P𝑥
Λ𝐿

Λ |2 = 0. (7)

2The same argument has been used in [12] to show that pure Fayet-Iliopoulos terms in 𝑁 = 1 supergravity are in the
swampland, as it was already argued by [13] enforcing the absence of global symmetries. This is yet another confirmation
of the fact that swampland conjectures are related to one another.
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Under this assumption, the complete 𝑁 = 2 scalar potential,

V = 𝑔𝑖 𝚥𝑘
𝑖
Λ𝑘

𝚥

Σ
�̄�Λ𝐿Σ + 4ℎ𝑢𝑣𝑘𝑢Λ𝑘

𝑣
Σ �̄�

Λ𝐿Σ + (𝑈ΛΣ − 3�̄�Λ𝐿Σ)P𝑥
ΛP

𝑥
Σ , (8)

reduces to
V𝑑𝑆 = −1

2
(ImN−1)ΛΣ (P𝑥

ΛP
𝑥
Σ + P0

ΛP
0
Σ) + 4ℎ𝑢𝑣𝑘𝑢Λ𝑘

𝑣
Σ �̄�

Λ𝐿Σ, (9)

where we used that the matrix 𝑈ΛΣ is defined as 𝑈ΛΣ = − 1
2 (ImN−1)ΛΣ − �̄�Λ𝐿Σ and we employed

the special geometry relation 𝑔𝑖 𝚥𝑘 𝑖Λ𝑘
𝚥 �̄�Λ𝐿Σ = − 1

2 (ImN−1)ΛΣP0
Λ
P0
Σ
, which can be derived from

P0
Λ
𝐿Λ = 0. Since the last term in (9) is positive definite, we can write

V𝑑𝑆 ≥ −1
2

ImNΛΣ (P𝑥
ΛP

𝑥
Σ + P0

ΛP
0
Σ), (10)

and we recall that the matrix (ImN−1)ΛΣ is negative definite. Now, we want to recast this expression
in terms of the gravitino charge and gauge coupling, in order to apply the weak gravity conjecture.
We follow a manifestly symplectic-covariant procedure, similar to that of [21], which was performed
for supersymmetric anti-de Sitter vacua. We introduce a SU(2) charge matrix

2QΛ𝐴
𝐵 = P0

Λ𝛿
𝐵
𝐴 + (𝜎𝑥)𝐴𝐵P𝑥

Λ , 𝑠.𝑡. Tr QΛQΣ =
1
2

(
P0
ΛP

0
Σ + P𝑥

ΛP
𝑥
Σ

)
. (11)

By employing the projectors 𝑃 ∥Λ
Σ, 𝑃⊥Λ

Σ defined as in [7], we can split QΛ = Q ∥
Λ
+ Q⊥

Λ
, where

Q ∥
Λ𝐴

𝐵
= ΘΛ𝑞𝐴

𝐵, 𝑠.𝑡. Tr𝑄 ∥
Λ
𝑄

∥
Σ
= ΘΛΘΣTr(𝑞2). (12)

Here, 𝑞𝐴𝐵 is the SU(2) charge entering the gravitino covariant derivative as

𝐷`𝜓a 𝐴 = · · · + 𝑖 �̃�`𝑞𝐴𝐵𝜓a 𝐵, (13)

where �̃�` = ΘΛ𝐴
Λ
` is the combination of vectors 𝐴Λ

` with coefficients ΘΛ which is gauging the
weak gravity U(1) group. By canonically normalising the kinetic term of �̃�`, we can then read off
the gauge coupling

𝑔2 = −ΘΛ(ImN−1)ΛΣΘΣ . (14)

The vacuum energy is thus rewritten as (using projectors’ orthogonality)

V𝑑𝑆 ≥ −(ImN−1)ΛΣTr QΛQΣ

= −(ImN−1)ΛΣ (Tr Q ∥
Λ
Q ∥
Σ
+ Tr Q⊥

ΛQ
⊥
Σ )

≥ −(ImN−1)ΛΣTr Q ∥
Λ
Q ∥
Σ
.

(15)

Employing (12) and (14), we get eventually

V𝑑𝑆 ≥ 𝑔2Tr(𝑞2) ≳ Tr(𝑞2)Λ2
𝑈𝑉 , (16)

where in the last step we enforced the weak gravity conjecture. These vacua are of the form (5)
and thus cannot be consistent effective field theory descriptions. Notice that we are assuming some
form of charge quantisation for the eigenvalues of 𝑞𝐴𝐵, but the precise details are not relevant for
sake of the argument. The analogous proof for 𝑁 = 8 de Sitter critical points can be found in [8].
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We see that asking for massless but charged gravitini on a positive energy background leads
to an inconsistency according to the weak gravitino conjecture. This fact is also in agreement with
the so called Festina Lente bound [22, 23], which proposes that 𝑚2 ≳

√
6𝑔𝑞𝐻 for every particle of

mass 𝑚 and charge 𝑞. Thus, it rules out massless charged gravitini as well, albeit from a different
perspective. Nevertheless, one expects all of the swampland considerations to be related to one
another.

2.2.1 Example: stable de Sitter from U(1)𝑅×SO(2, 1) gauging

Historically, the first examples of stable de Sitter vacua in 𝑁 = 2 supergravity have been
proposed in [24]. One can check [7] that the vacuum energy has precisely the form (5), but the
gravitino mass vanishes at the critical point. Thus, the argument of the previous section applies and
shows that those vacua are in tension with the weak gravity conjecture. As an illustrative example,
below we review the simplest model of [24] from this perspective.

The model has 𝑛𝑉 = 3 vector multiplets and no hyper multiplet. The 3 + 1 vectors are gauging
an SO(2, 1)×U(1)𝑅 isometry of the scalar manifold SU(1,1)

U(1) × SO(2,2)
SO(2)×SO(2) . One can start from a

basis with prepotential

F = −1
2

𝑋1
( (
𝑋2)2 −

(
𝑋3)2

)
𝑋0 . (17)

In such a symplectic frame, the generators of SO(2, 1) are

𝑇0 =

©«

1
−1

1
2 −1

− 1
2

− 1
2

− 1
2 −1

ª®®®®®®®®®®®®®¬
, 𝑇1 =

©«

−1
1

1
2 1

− 1
2

− 1
2

− 1
2 1

ª®®®®®®®®®®®®®¬
, 𝑇2 =

©«

−1
−1

1
1

ª®®®®®®®®®®®®®¬
, (18)

and we collect them into𝑇Λ = (𝑇0, 𝑇1, 𝑇2, 0) for later convenience. When acting on𝑉𝑀 = (𝑋Λ, 𝐹Λ),
the (𝑇Λ)𝑀𝑁 mix 𝑋Λ with 𝐹Λ, i.e. they generate so called non-perturbative symmetries, correspond-
ing to gaugings which are not purely electric. To use the standard formula of the 𝑁 = 2 scalar
potential (8), we need to rotate the sections 𝑉𝑀 with an appropriate symplectic matrix,

𝑉𝑀 → �̃�𝑀 = 𝑆𝑀𝑁𝑉
𝑁 , (19)

where

𝑆𝑀𝑁 =

©«

1
2 1
− 1

2 1
1

cos 𝛿 sin 𝛿
− 1

2 1
− 1

2 −1
1

− sin 𝛿 cos 𝛿

ª®®®®®®®®®®®®®¬
. (20)

Here, 𝛿 is a parameter defining the embedding of the U(1)𝑅 factor into Sp(8,R) and it is historically
known as de Roo-Wagemans angle [25]. In the rotated basis the prepotential does not exist, but the
new 𝑋Λ and 𝐹Λ are not mixed by the action of the SO(2, 1) generators. From this point on, we
work in such basis for the symplectic sections, omitting the tilde for convenience.
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We now look at the scalar potential. Given that there are no hyper multiplets in the setup,
the second term in the scalar potential (8) is vanishing, but the others are not. We analyse them
separately. The last term (we denote it V𝐹 below) is simpler since it is associated to the U(1)𝑅
gauging corresponding to a Fayet–Iliopoulos term. Indeed, we have a constant prepotential

P𝑥
Λ = 𝑒𝐹𝛿

3𝑥[3Λ, (21)

with charge 𝑒𝐹 , giving rise to the contribution

V𝐹 = 𝑒2
𝐹

(cos 𝛿 + 𝑥1 sin 𝛿)2 + (𝑦1)2 sin2 𝛿

2𝑦1 , (22)

where we set 𝑧𝑖 = 𝑋𝑖

𝑋0 = 𝑥𝑖 − 𝑖𝑦𝑖 . Next, we concentrate on the first term in (8) (we denote it V𝐷
below). This is non-vanishing since it corresponds to the gauging of SO(2, 1). The special Kähler
prepotentials can be found with the general formula [20]3

P0
Λ = 𝑒𝐾�̄�𝑀Ω𝑀𝑁 (𝑇Λ)𝑁 𝑃𝑉𝑃, (23)

and in turn the killing vectors are computed as

𝑘 𝑖Λ = 𝑖𝑔𝑖 𝚥𝜕𝚥P0
Λ. (24)

One can check that the consistency conditions 𝐿ΛP0
Λ
= 0 = 𝑘 𝑖

Λ
𝐿Λ are satisfied. The contribution

to the scalar potential is then

V𝐷 = 𝑒2
𝐷

(𝑥3)2 + (𝑦2)2

2𝑦1((𝑦2)2 − (𝑦3)2)
, (25)

where we inserted a charge 𝑒𝐷 to keep track of the SO(2,1) gauging. The total scalar potential is
the sum of these two contributions

V = V𝐹 + V𝐷 . (26)

It has a stable de Sitter vacuum at

𝑥1 = − 1
tan 𝛿

, 𝑦1 =
𝑒𝐷

𝑒𝐹 sin 𝛿
, 𝑥3 = 0, 𝑦3 = 0, (27)

with vacuum energy
V𝑑𝑆 = 𝑒𝐷𝑒𝐹 sin 𝛿. (28)

Stability is explicitly verified in [24]. Notice that the cosmological constant is strictly positive, since
on the vacuum the Kähler potential is 𝐾 = − log(4𝑦1(𝑦2)2) = − log

(
4𝑒2
𝐷
(𝑦2)2

V𝑑𝑆

)
.

One can check that on the vacuum a subgroup U(1)𝑅×U(1) of the original gauge group is
unbroken. Therefore, we can enforce the weak gravity conjecture with respect to the U(1)𝑅 factor.
Furthermore, the gravitino mass is vanishing and thus the argument of section 2.2 applies. It
remains only to canonically normalise the kinetic term of the U(1)𝑅 vector and correctly identify
the gauge coupling and charge. In the language of the general argument given previously, we have

2Q ∥
Λ𝐴

𝐵
=

(
0, 0, 0, 𝑒𝐹 (𝜎3)𝐴

𝐵
)
≡ 2ΘΛ𝑞𝐴

𝐵, (29)

3We are using the symplectic metric Ω𝑀𝑁 =

(
0 −1
1 0

)
.
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meaning

𝑞𝐴
𝐵 = (𝜎3)𝐴

𝐵q, ΘΛ =

(
0, 0, 0,

𝑒𝐹

2q

)
, Tr (𝑞2) = 2q2, (30)

where q is the charge. The kinetic matrix on the vacuum is (in the properly rotated symplectic
frame)

(ImN−1)ΛΣ = − sin 𝛿 diag
(
𝑒𝐹

𝑒𝐷
,
𝑒𝐹

𝑒𝐷
,
𝑒𝐹

𝑒𝐷
,
𝑒𝐷

𝑒𝐹

)
, (31)

and we thus find the gauge coupling

4𝑔2q2 = 𝑒𝐷𝑒𝐹 sin 𝛿. (32)

Eventually, we see that the vacuum energy (28) has precisely the form (5). If the weak gravity
conjecture holds, these vacua are not protected against corrections and thus are not within the
controlled region of the effective description.

3. The gravitino conjecture

A crucial assumption in the discussion of the previous section is that the gravitino mass is
vanishing (or very light with respect to the Hubble scale). It is then natural to wonder if the limit
of parametrically small or even vanishing gravitino mass can be problematic for a given effective
description more in general, regardless of the background. That this is indeed the case has been
conjectured in [9, 10], and it is the topic of the present section. We stress that we will be here
concerned with the limit, while the argument of the previous section involved the actual evaluation
of the gravitino mass at a specific (critical) point. Even if related, the two operations are in principle
different.

3.1 The statement and its motivation

The gravitino conjecture [9, 10] states that the limit of vanishing gravitino mass, 𝑚3/2, corre-
sponds to a breakdown of the effective field theory description

𝑚3/2 → 0 ⇒ swampland, (33)

as it is associated to the emergence of an infinite tower of states becoming light in the same limit.
Some motivations behind this statement and based on [7, 8] have already been reviewed in the
previous section. Below, we would like to recall briefly some more.

Clearly, for supersymmetric anti-de Sitter vacua, the statement is equivalent to the anti-de
Sitter distance conjecture [26] and thus, at least in this specific case, it shares the same motivation.
However, the two conjectures crucially differ on other backgrounds and indeed they lead to differ
predictions. Yet another motivation can be drawn from the idea of supersymmetric protection
[27], which states that the superpotential of an 𝑁 = 1 theory cannot vanish, unless the theory is
related in a specific way to a parent one with more supersymmetry. If the superpotential𝑊 cannot
vanish, the same applies to the gravitino mass, since in 𝑁 = 1 this is given by 𝑚2

3/2 = 𝑒𝐾𝑊�̄� .
Instead, if the superpotential is exactly vanishing everywhere on the moduli space, the background
is supersymmetric Minkowski, but this is not excluded by the conjecture, since the latter is really a

8
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statement about the limit (in the same way as the anti-de Sitter distance conjecture does not forbid
supersymmetric Minkowski backgrounds).

Let us notice that unitarity alone seems not to be enough to motivate the gravitino conjecture
on a positive background. Indeed, unitarity bounds for the gravitino have been studied in [28]
and one can clearly see that there is no non-trivial unitarity bound on the gravitino mass if the
cosmological constant is positive. It thus seems that the arguments reviewed in the previous section
and the Festina Lente bound are capturing some more information on quantum gravity on a positive
background beyond unitarity.

In a quasi-flat universe, the gravitino mass is a good approximation for the supersymmetry
breaking scale,

𝑀2
susy ≃ 𝑚3/2𝑀𝑃 . (34)

The fact that supersymmetry has not been observed so far is thus very much compatible with
the gravitino conjecture, which might point towards a scenario with supersymmetry breaking
at high scale. This is naturally realised in string theory through a mechanism known as brane
supersymmetry breaking [29, 30] (see [31] for a recent review in a swampland perspective), in which
the supersymmetry breaking scale is the string scale. Due to this fact, the effective descriptions of
these models typically requires a non-linear realisation of supersymmetry in the low energy, which
is not directly captured by the framework of [9, 10]. It would be interesting to extend the gravitino
conjecture also to these setups.

Several examples in which the conjectures is checked explicitly can be found in [7, 8]. Fur-
thermore, the new string construction proposed in [32] seem also to be compatible with it, since it
is argued that supersymmetry is unavoidably (and softly) broken in the closed string sector. Below,
we discuss and review some new and old examples, and we summarise various results. For con-
creteness, we will assume that the mass of the states becoming light is related to the gravitino mass
as (in Planck units)

𝑚tower ∼ 𝑚𝑛3/2, (35)

with 𝑛 some model-dependent parameter. Clearly, this assumption might not be verified in general,
but in the examples considered in [9, 10] does indeed hold. Furthermore, one can try to find bounds
for 𝑛 or relate it to the parameters entering other swampland conjectures, as done in [10]. It would
be also interesting to check how the logarithmic corrections systematically proposed by [33] can
affect the analysis and the bounds on 𝑛.

3.2 𝑁 = 1 models

As it is well-known, the structure of four-dimensional 𝑁 = 1 supergravity with chiral and
vector multiplets is completely fixed by three ingredients: a real gauge invariant function 𝐺 (𝑧, 𝑧),
a holomorphic gauge kinetic function 𝑓𝑎𝑏 (𝑧), and a choice of holomorphic Killing vectors 𝑘 𝑖𝑎 (𝑧)
generating the analytic isometries of the scalar manifold that are gauged by the vectors.

Let us focus on the first ingredient, since it is closely related to the gravitino mass. Indeed,
𝐺 (𝑧, 𝑧) is defined as (assuming𝑊 ≠ 0)

𝐺 (𝑧, 𝑧) = 𝐾 + log𝑊�̄�, (36)
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where 𝐾 and𝑊 are the Kähler potential and superpotential respectively. This expression stems from
the known fact that in supergravity, contrary to global supersymmetry, 𝐾 and 𝑊 are not functions
but sections. In particular, they both vary under Kähler transformations. This means that they are
not physical quantities: any statement regarding 𝐾 and𝑊 separately depends crucially on a specific
choice of Kähler frame. Instead, the only actual physical quantity to be considered is their Kähler
invariant combination, 𝐺 (𝑧, 𝑧). The gravitino mass is then

𝑚2
3/2 = 𝑒𝐺 (37)

and it is indeed Kähler-invariant.
We can give a geometric interpretation of the gravitino conjecture. The scalar manifold

of 𝑁 = 1 supergravity is restricted by supersymmetry to be Kähler-Hodge (while in the global
case it is just Kähler). This is a Kähler manifold M together with a holomorphic line bundle
L → M, whose first Chern class is equal to the cohomology class of the Kähler form of M,
namely 𝑐1(L) = [K]. Given a hermitean metric ℎ(𝑧, 𝑧) on the fiber, the first Chern class is
𝑐1(L) = 𝑖

2𝜋 𝜕𝜕 log ℎ. Setting it equal to the Kähler form K = 𝑖
2𝜋 𝜕𝜕𝐾 , one learns that for a Kähler-

Hodge manifold the fiber metric is the exponential of the Kähler potential, ℎ = 𝑒𝐾 . The gravitino
conjecture can then be geometrically rephrased as the statement that the limit of vanishing norm
of a (non-vanishing) section of L leads to the breakdown of the effective theory. Indeed, consider
a holomorphic section 𝑊 (𝑧), which is in fact the superpotential of the 𝑁 = 1 theory. Its norm is
defined as𝑊ℎ�̄� = | |𝑊 | |2. Thanks to holomorphicity, one can write 𝑖

2𝜋 𝜕𝜕 log ℎ = 𝑖
2𝜋 𝜕𝜕 log | |𝑊 | |2,

identifying thus 𝐺 (𝑧, 𝑧) = 𝐾 + log𝑊�̄� = log | |𝑊 | |2. The gravitino mass is then

𝑚2
3/2 = 𝑒𝐺 = | |𝑊 | |2. (38)

The limit of vanishing gravitino mass corresponds to the limit of vanishing norm of the section
𝑊 (𝑧). The gravitino conjecture implies that Kähler-Hodge manifolds compatible with quantum
gravity are those in which this norm cannot be continuously sent to zero. Notice that special Kähler
manifolds, parametrised by scalars of 𝑁 = 2 vector multiplets, are also Kähler-Hodge and thus this
picture can be extended directly. One possible way in which the limit is obstructed consists in the
existence of a lower positive bound for the gravitino mass. Simple models with this property are
presented in section 3.2.1. A possible refinement of the conjecture, inspired by the idea that domestic
geometry is the natural framework underlying supergravity theories, as proposed in [34], consists
in postulating that also the (dual) limit of infinite gravitino mass (or norm | |𝑊 | |2) is pathological.
This seems to be the case in a simple STU model reviewed in section 3.3.

In order to test explicitly the conjecture, one should identify the tower of states becoming
light in the limit of vanishing gravitino mass. Given that we are working within the framework
of supergravity, a natural candidate for the first light tower are Kaluza-Klein states. Even if there
might be subtleties in the precise identification of this scale (see e.g. [35] for recent work in this
direction), we will then assume that their mass is parametrically related to the volume of the internal
manifold. In Calabi-Yau or orbifold compactifications, the volume (Vol) typically appears in the
Kähler potential as

𝐾 (𝑧, 𝑧) = −𝛼 log Vol + 𝐾 ′(𝑧, 𝑧), (39)
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where 𝛼 is a model-dependent parameter, while the remaining part 𝐾 ′ will not play any role. In
compactifications to four dimensions, one has that 𝑚𝐾𝐾 ∼ Vol−

2
3 . We will also assume that the

superpotential scales as
𝑊 ∼ Vol

𝛽

2 , (40)

with 𝛽 a second model-dependent parameter. If 𝑚tower ∼ 𝑚𝐾𝐾 , we thus get a relation of the type
(35), with

𝑛 =
4

3(𝛼 − 𝛽) . (41)

This behavior can now be checked in concrete examples. As noted in [9], for heterotic compactifica-
tions to four-dimensional Minkowski spacetime one finds 𝑛 = 4

3 , for type IIB GKP orientifolds one
has 𝑛 = 2

3 and for Scherk-Schwarz compactifications 𝑛 = 4. As discussed in [10], for general CY3

orientifolds one finds a lower bound 𝑛 ≥ 1
3 , while for F-theory flux compactifications on CY4 one

has 𝑛 ≥ 1
4 ; however, for toroidal orientifolds the range seems to be further restricted to 2

3 ≤ 𝑛 ≤ 1.

3.2.1 Modular invariant models

We would like to briefly review a class of models, not discussed in [9, 10], in which the gravitino
conjecture is satisfied by construction, since the gravitino mass admits a lower positive bound while
varying over the moduli space. In these models, the interactions are fixed by asking that the action
is left invariant by modular transformations acting on the scalar fields. Their construction in 𝑁 = 1
supergravity dates back to [36, 37], while their string theory origin has been explored more in detail
shortly after [38–40]. Recently, they have been revisited in a swampland context in [41].

In the simplest version, there is a single chiral multiplet 𝑇 transforming under SL(2,Z) as

𝑇 → 𝑎𝑇 + 𝑏
𝑐𝑇 + 𝑑 . (42)

The most generic 𝑁 = 1 Lagrangian invariant under this transformation is then given by

𝐺 (𝑇,𝑇) = −3 log(−𝑖(𝑇 − 𝑇)) + log𝑊�̄�, (43)

with
𝑊 (𝑇) = 𝐻 (𝑇)

[(𝑇)6 . (44)

Here, 𝐻 (𝑇) is a modular invariant holomorphic function and [(𝑇) the Dedekind function. It can
be shown that, to avoid singularities in the fundamental domain, one has to choose

𝐻 (𝑇) = ( 𝑗 (𝑇) − 1728) 𝑚2 𝑗 (𝑇) 𝑛3 𝑃( 𝑗 (𝑇)), (45)

where 𝑚, 𝑛 are positive integers, and 𝑃 is a polynomial in the holomorphic Klein modular invariant
form 𝑗 (𝑇).

The origin of this superpotential is purely non-perturbative (gaugino condensation in heterotic
compactifications). Therefore, the modulus 𝑇 which would be flat at the perturbative level is
stabilised by non-perturbative corrections. The nature of these non-perturbative corrections is such
that the decompactification limit, Im𝑇 → ∞, is prohibited, as the potential diverges in the same
limit. This has to be contrasted with the standard behavior of perturbative potentials, which are
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typically vanishing at large distances. In other words, in these models a large distance limit is
dynamically censored. This has consequences on the behavior of 𝑚3/2 as a function of 𝑇 : the limit
of vanishing gravitino mass is prohibited and the gravitino conjecture is automatically satisfied.

As an illustration, let us consider the simplest superpotential which is realised in string com-
pactifications,

𝑊 =
1

[(𝑇)6 . (46)

The gravitino mass is
𝑚2

3/2 = 𝑒𝐺 =
1

(2Im𝑇)3[(𝑇)6[̄(𝑇)6 (47)

and it can be easily checked that it is minimised at Im𝑇 = 1 at a strictly positive value. A plot is
reported in the figure below.
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70
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A natural generalisation would be to consider models with a non-trivial function 𝐻 (𝑇) or with
two chiral multiplets 𝑆 and 𝑇 [40], described by 𝐺 (𝑇,𝑇) = − log(−𝑖(𝑆 − 𝑆)) − 3 log(−𝑖(𝑇 − 𝑇)) +
log𝑊�̄� , with𝑊 =

Ω(𝑆)𝐻 (𝑇)
[ (𝑇)6 .

3.3 𝑁 = 2 STU model

The so called STU model is an instructive and yet simple example in which to test the gravitino
conjecture, as done in [9]. It can arise from heterotic string compactification on 𝐾3 × 𝑇2 and we
refer e.g. to [42] for more details. The four-dimensional low energy theory is 𝑁 = 2 supergravity

with 𝑛𝑉 = 3 vector multiplets, whose scalars are coordinates of the manifold
(
𝑆𝑈 (1,1)
𝑆𝑈 (1)

)3
. The

prepotential is

F =
𝑋1𝑋2𝑋3

𝑋0 . (48)

We consider the case of a U(1)𝑅 ⊂ SU(2)𝑅 gauging with a constant moment map, namely a
Fayet–Iliopoulos term. For definiteness, we can choose it as

P𝑥
Λ = 𝑞𝛿3𝑥[0Λ. (49)

In the presence of only Fayet–Iliopoulos terms, the 𝑁 = 2 scalar potential can be recast into an
𝑁 = 1 form [20]. Indeed, from (8) with 𝑘 𝑖

Λ
= 0 = 𝑘𝑢

Λ
one finds4

V = 𝑒𝐾
(
𝑔𝑖 𝚥𝐷𝑖𝑊�̄� 𝚥�̄� − 3𝑊�̄�

)
, (50)

4One has to use that𝑈ΛΣ = 𝑔𝑖 𝚥 𝑓 Λ
𝑖
𝑓 Σ
𝚥
= 𝑒𝐾𝑔𝑖 𝚥𝐷𝑖𝑋

Λ�̄� 𝚥 �̄�
Σ , where 𝑔𝑖 𝚥 is the special Kähler metric.
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where we define the would be “superpotential”

𝑊 = 𝑋ΛP3
Λ. (51)

The Kähler potential is
𝐾 = − log(𝑆𝑇𝑈) = − log Vol, (52)

where 𝑆 = −2Im𝑧1, 𝑇 = −2Im𝑧2 and 𝑈 = −2Im𝑧3 and Vol is the volume of the compact manifold.
One can easily check that the scalar potential is identically vanishing and thus the model is no-scale.
The gravitino mass matrix is

𝑆𝐴𝐵 =
𝑖

2
𝑒
𝐾
2 𝑊

(
0 1
1 0

)
. (53)

The mass of the gravitini is thus given by 𝑚2
3/2 ≃ 𝑒𝐾𝑊�̄� , similarly to the 𝑁 = 1 case. Furthermore,

the gauge coupling (14) is
𝑔2 = 2𝑒𝐾 = 2Vol−1. (54)

We see that the limit 𝑚2
3/2 → 0 is realised by Vol → ∞. Interestingly, in the same limit the gauge

coupling vanishes and a global symmetry is restored

Vol → ∞ ⇒ 𝑚3/2 → 0 ⇔ 𝑔 → 0. (55)

This would be problematic, since there should be no global symmetries in quantum gravity. This
is a simple example in which the gravitino conjecture is closely related to the absence of global
symmetries, and it would be interesting to explore further other relations of this kind within the
web of swampland conjectures. In the limit of large volume, one can identity the tower of states
becoming light as Kaluza-Klein modes. Notice that the T-dual limit of vanishing volume (very
large gravitino mass) would also be problematic, since in this case winding modes would become
light and the supergravity approximation would not hold anymore. Correspondingly, the magnetic
dual of the gauge coupling (54) would then vanish.

4. Discussion: de Sitter and gravitino mass in extended supergravity

The general argument of [7, 8], reviewed in the section 2, proves that de Sitter critical points
of 𝑁 = 2 supergravity with vanishing gravitino mass have a cosmological constant of the order
of the UV cutoff predicted by the magnetic weak gravity conjecture and thus cannot be consistent
effective theories. The assumption of a vanishing gravitino mass might seem restrictive, but in
[7, 8] it is found to hold true in almost all of the examples considered from the literature. In
particular, in [7] it is shown to occur in de Sitter critical points of minimal coupling models and
cubic prepotential models with only vector multiplets, both for abelian and non-abelian gauging,
while in [8] explicit models with hyper multiplets are constructed. A model with massive gravitini
in which the argument does not apply is the second de Sitter vacuum of [11], which is unstable. A
general strategy to construct de Sitter vacua with massive gravitini in 𝑁 = 2 supergravity has been
proposed in [43], but finding explicit models remains challenging [8]. Notice also that the argument
requires an unbroken abelian gauge group in the vacuum, but in case there are only non-abelian
groups it is still possible to formulate a weaker version, as explained in detail in [8].
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In [8], the argument has also been formulated in 𝑁 = 8 supergravity, and it should be possible to
extend it to any 2 < 𝑁 < 8 theory. Assuming this step to be straightforward, we could conclude that,
if the gravitino mass is vanishing or parametrically light compared to the Hubble scale, the resulting
de Sitter critical points (regardless of stability) of extended supergravity are in the swampland due
to the weak gravity conjecture. In turn, this would mean that 𝑁 = 0, 1 supersymmetry at the
Lagrangian level seem to be the most promising chances to obtain a consistent effective description
for de Sitter critical points, if the gravitino mass is vanishing. Notice that this is compatible with
the recent conjecture of [44] and has a nice parallel with the scale separation analysis of [21]. In
particular, minimal supersymmetry in four dimensions is peculiar since it allows for the existence
of a superpotential which might not be directly related to a gauge coupling. This possibility cannot
occur in 𝑁 > 2, as it is most clearly illustrated in the example of the STU model reviewed in section
3.3.

The analysis here presented was performed in four spacetime dimensions, but it would be
interesting to extend it to higher dimensions. While we leave a detailed study for future work, we
can provide an argument why de Sitter critical points of 𝑑 > 4, 𝑁 > 0 theories with vanishing
gravitino mass suffer of the same problem discussed in section 2 and belong to the swampland,
according to the weak gravity conjecture. First, one has to recall that in 𝑑 > 4 the supergravity
scalar potential is always of order O(𝑔2), since it stems from a gauging procedure. Then, in any
dimensions and for any number of supercharges, the structure of the scalar potential is fixed by the
supersymmetric ward identity [45], which has the schematic form

V ∼ (𝛿(spin-1/2))2 − (𝛿(spin-3/2))2 . (56)

The precise numerical factors and indices entering this relation depend on 𝑑 (spacetime dimensions)
and 𝑁 (number of supersymmetries), but crucially the relative negative sign between the two terms
does not, since it corresponds to the gravitational contribution. Moreover, the second term in
the relation above is precisely the gravitino mass, namely the supersymmetry transformation of the
gravitino on the vacuum, with (Lorentz covariant) derivative and other maximal symmetry breaking
terms turned off. Thus, if the gravitino mass is vanishing, the scalar potential is non-negative and
of order O(𝑔2) for 𝑑 > 4. The argument of [7, 8] then applies, provided one shows that there is no
arbitrarily tunable parameter in the expression of the vacuum energy.
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